We correct an error in [1].
Let t = [0, t] × Ω. Given a compact Hausdorff space X , let ρ X : X × t → t be defined by ρ X (x, (s, ω)) = (s, ω). Let 0 (X ) = {A × B : A ⊂ X , A compact, B ∈ (t)}, 1 RESEARCH PARTIALLY SUPPORTED BY NSF GRANT DMS-0901505 189 1 (X ) the class of finite unions of sets in 0 (X ), and (X ) the class of intersections of countable decreasing sequences in 1 (X ). Let σ (X ) be the class of unions of countable increasing sequences of sets in (X ) and σδ (X ) the class of intersections of countable decreasing sequences of sets in σ (X ).
there exists a compact Hausdorff space X and B
Proof. If A ∈ (t), we take X = [0, 1], the unit interval with the usual topology and B = X × A. Thus the collection of subsets of [0, t] × t for which the lemma is satisfied contains (t). We will show that is a monotone class. Suppose A n ∈ with A n ↓ A. There exist compact Hausdorff spaces X n and sets
X n be furnished with the product topology. Let τ n :
n (B n ) and let C = ∩ n C n . It is easy to check that (X ) is closed under the operations of finite unions and intersections, from which it follows that C ∈ σδ (X ). If (s, ω) ∈ A, then for each n there exists
It is straightforward that ρ X (C) ⊂ A, and we conclude A ∈ . Now suppose A n ∈ with A n ↑ A. Let X n and B n be as before. Let X = ∪ ∞ n=1 X n × {n} with the topology generated by {G × {n} : G open in X n }. Let X be the one point compactification of X . We can write B n = ∩ m B nm with B nm ∈ σ (X n ). Let
C n = ∩ m C nm , and C = ∪ n C n . Then C nm ∈ σ (X ) and so C n ∈ σδ (X ). If ((x, p), (s, ω)) ∈ ∩ m ∪ n C nm , then for each m there exists n m such that ((x, p), (s, ω)) ∈ C n m m . This is only possible if n m = p for each m. Thus ((x, p), (s, ω)) ∈ ∩ m C pm = C p ⊂ C. The other inclusion is easier and we thus obtain C = ∩ m ∪ n C nm , which implies C ∈ σδ (X ). We check that A = ρ X (C) along the same lines, and therefore A ∈ . If 0 (t) is the collection of sets of the form [a, b) × C, where a < b ≤ t and C ∈ t , and (t) is the collection of finite unions of sets in 0 (t), then (t) is an algebra of sets. We note that (t) generates the σ-field [0, t] × t . A set in 0 (t) of the form [a, b) × C is the union of sets in 0 (t) of the form [a, b − (1/m)] × C, and it follows that every set in (t) is the increasing union of sets in (t). Since is a monotone class containing (t), then contains (t). By the monotone class theorem, Proof. We first prove that if H ∈ (X ), then ρ X (H) ∈ δ . If H ∈ 1 (X ), this is clear. Suppose that H n ↓ H with each H n ∈ 1 (X ). If (s, ω) ∈ ∩ n ρ X (H n ), there exist x n ∈ X such that (x n , (s, ω)) ∈ H n . Then there exists a subsequence such that x n k → x ∞ by the compactness of X . Now ( (s, ω) ) ∈ H. The other inclusion is easier and therefore
We also observe that for fixed ω, {(x, s) : (x, (s, ω)) ∈ H} is compact. Now suppose A ∈ [0, t]× t . Then by Lemma A.2 there exists a compact Hausdorff space X and B ∈ σδ (X ) such that A = ρ X (B). We can write B = ∩ n B n and B n = ∪ m B nm with B n ↓ B, B nm ↑ B n , and B nm ∈ (X ). Let a = * (π(A)) = * (π • ρ X (B)) and let > 0. By Lemma A.1,
